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$\mathcal{M}$ 2 faithful normal semifinite (f.n.s.) weight
$\varphi,$






3 2 Connes $L^{p}$
Radon-Nikodym map
1 Caldero’ $\mathrm{n}$
2 Banach $(A_{0}, A_{1})$
Banach $C_{\theta}(A_{0,1}A),$ $0<\theta<1$
11. $A_{0},$ $A_{1}$ Banach- $(A_{0}, A_{1})$
Banach $E$ $i_{0}$ : $A_{0}\mathrm{c}arrow E,$ $i_{1}$ : $A_{1}\llcorner_{arrow E}$
$A=(A_{0}, A_{1})$ $C_{\theta}(A)$
$E$ $\Sigma(A)$ (inf )
$\Sigma(A)=i_{0}(A_{0})+i1(A_{1})$ ,
$||a||_{\Sigma(A)}= \inf\{||a0||_{A}0+||a_{1}||A1|a=i_{0}(a_{0})+i1(a_{1}), a_{0}\in A_{0}, a_{1}\in A_{1}\},$ $a\in\Sigma(A)$ .
$\Sigma(A)$ $||\cdot||_{\Sigma(A)}$ Banach
$F(A)$





(1) $f(it)\in i_{0}(A_{0})$ for all $t\in \mathbb{R}$ ,
$t\in \mathrm{R}\mapsto i_{0}^{-1}(f(it))\in A_{0}$
$\lim_{trightarrow\pm\infty}||i_{0}-1(f(it))||A\mathrm{o}=0$
(2) $f(1+it)\in i_{1}(A_{1})$ for all $t\in \mathrm{R}$ ,
$t\in \mathrm{R}\mapsto i_{1}^{-1}(f(1+it))\in A_{1}$
$\lim_{t\mapsto\pm\infty}||i^{-}1(1f(1+ii))||_{A}1=0$ .






$C_{\theta}(A)=$ { $a\in\Sigma(A)|a=f(\theta)$ for some $f\in \mathcal{F}(A)$ },
$||a||_{[} \theta]=\inf\{||f||\mathcal{F}(A)|f(\theta)=a\},$ $a\in c_{\theta}(A)$
11. $\mathcal{F}(A)$ $C_{\theta}(A),$ $0<\theta<1$ , Banach
:2 $i_{0}(A_{0})\cap i_{1}(A_{1})$ dense
$i_{0}(A\mathrm{o})\cap i_{1}(A_{1})=\{0\}$
1.2. (X, $\mu$ ) . Banach $(L^{\infty}(X, \mu),$ $L1(\mathrm{x}, \mu))$




Dixmier- $\mathcal{M}$ predual $\mathcal{M}*$
unique $c*$ $\mathcal{M}$












for all $y,$ $z\in\alpha_{0}$ ,
$\{\pi_{\varphi}, \mathcal{H}_{\varphi}, \Lambda_{\varphi}\}$ \mbox{\boldmath $\varphi$} $J_{\varphi},$ $\Delta_{\varphi}$
oo (full )
2.1. $\alpha$ $L_{(\alpha)}^{\varphi}$ 1
$\varphi_{\lambda x+y}^{(\alpha)(\alpha)}\mu yx=\lambda\varphi^{(\alpha)}+\mu\varphi,$ $\lambda,$ $\mu\in C,$ $x,$ $y\in L_{(\alpha)}\varphi$
$L_{(\alpha)}^{\varphi}$
$||x||_{L_{()}} \varphi\alpha=\max\{||x||_{\infty}, ||\varphi_{x}||_{1}\},$ $x\in L_{(\alpha)}^{\varphi}$
$L_{(\alpha)}^{\varphi}$ Banach
$\alpha$
$i_{(\alpha)}$ : . $L_{(a)}^{\varphi}arrow \mathcal{M}$ , $i_{\alpha}(x)=X$ , $x\in L_{(\alpha)}\varphi$ ;
$j_{(\alpha)}$ : $L_{(\alpha)}^{\varphi}arrow \mathcal{M}_{*}$ , $j_{(\alpha}$ ) $(x)=\varphi_{x}(\alpha)$ , $x\in L_{(\alpha)}\varphi$ ;
22 (1) $\alpha$
$a_{0}^{2}\subset L_{(\alpha}^{\varphi}\rangle$
(2) $i_{(\alpha)}(a_{0})2,$ $\alpha\in C$ , $\mathcal{M}$ weak operator topology dense
(3) $i_{(\alpha)}(a_{\overline{0}}’),$ $\alpha\in C$ , $\mathcal{M}_{*}$ norm dense
dual map
$i_{(\alpha)}^{*}*\cdot$ $\mathcal{M}_{*}arrow(L_{(\alpha)}^{\varphi})^{*}$ , $(i_{(\alpha)}^{*}(\psi))(y)=\psi(y)$ , $\psi\in \mathcal{M}_{*},$ $y\in L_{(\alpha)}^{\varphi}$ ;
$j_{(\alpha)}^{*}$ : $\mathcal{M}arrow(L_{(\alpha)}^{\varphi})^{*}$ , $(j_{(\alpha)}^{*}(X))(y)=\varphi_{y}((\alpha))X$ , $x\in \mathcal{M},$ $y\in L_{(\alpha)}^{\varphi}$ .
3
23.
(1) $\alpha$ $i_{(\alpha)}^{*},i_{(\alpha)}^{*}$ norm-decreasing injective
linear maps $\circ$
(2)
$\varphi_{x}^{(\alpha)}(y)=\varphi^{(-\alpha)}y(x),$ $x\in L_{(\alpha)}^{\varphi},$ $y\in L_{(\alpha)}\varphi-\cdot$
:
$\mathcal{M}$




$\alpha=-1/2$ $\varphi$ state $L^{p}$
left $L^{p}$-space([6]) $L_{(-1/2)}^{p}(\mathcal{M}, \varphi)$
$L^{p}(\mathcal{M}, \varphi)$ $\alpha=1/2$ $L_{(1}^{\mathrm{p}}(/2)\mathcal{M},$ $\varphi)$
right $L^{p}$ -space $L_{R}^{p}(\mathcal{M}, \varphi)$
$\varphi$ – weight $\alpha=0$ $L_{(0)}^{p}(\mathcal{M}, \varphi)$ Terp$([7])$
– [6] [7]
equivalence
24. $\alpha,$ $\beta$ $1<P<\infty$
$j_{(-\alpha)}^{*}(a)\in L_{(\alpha}p()\varphi)\mathcal{M},-\succ j^{*}(-\beta)(\sigma_{\frac{\varphi(\beta-\Phi \mathrm{I}}{\mathrm{p}}}.\cdot)(a),$
$a\in\alpha_{0}$






– \acute P $\Leftrightarrow\theta^{\backslash ^{\backslash \prime}}\backslash \dagger^{\mathrm{B}}\neq$




$\circ$ Left $L^{p}$-space $L^{p}(\mathcal{M}, \varphi)$
$\xi=j_{(/2}^{*}1)(_{X)i^{*}}+(1/2)(\kappa),$ $x\in \mathcal{M},$ $\kappa\in \mathcal{M}_{*}$
$\pi_{p,L}^{\varphi}(a)$
$\pi_{\mathrm{P}}^{\varphi},(La)\xi=j(1*/2)(ax)+i^{*}((1/2)a\kappa)$
$\text{ }$ right $L^{p_{-\mathrm{s}_{\mathrm{P}}}}\mathrm{a}\mathrm{C}\mathrm{e}L^{\mathrm{P}}(R\mathcal{M}, \varphi)$
$\eta=j_{(\cdot-}^{*}1/2)(y)+i_{(1/)}*(-2\gamma),$ $y\in \mathcal{M},$ $\gamma\in \mathcal{M}_{*}$
$\pi_{p,R}^{\varphi\prime}(a)$
$\pi^{\varphi\prime}(p_{1}R)a\eta=j(*-1/2)(ya)+i*((-1/2)\gamma a)$
26. $\pi_{p_{1}L}^{\varphi}(a)$ (resp. $\pi_{p,R’(}^{\varphi}a$) $)$ $L^{p}(\mathcal{M}, \varphi)$ well-defined bounded
linear operator $||\pi_{p,L}^{\varphi}(a)||=||\pi_{p|R()|}^{\varphi\prime}a|=||a||_{\infty}$
$\pi_{p,L}^{\varphi}$





$\pi_{p_{1}(\alpha}^{\varphi/})(a)$ $=$ $U_{P,(1}^{\varphi}\alpha,/2)^{\circ\pi()}p,R,(\varphi\prime a\mathrm{o}U_{p}^{\varphi}1/2,\alpha)$
$\pi_{p_{1}\alpha}^{\varphi}(()a),$ $\pi_{p}^{\varphi},(\alpha)(a)$
’
$L_{(\alpha)}^{p}(\mathcal{M}, \varphi)$ bounded linear operator
27.
$||\pi_{p,()}^{\varphi}(\alpha a)||=||\pi_{\mathrm{P},(}^{\varphi\prime}\alpha)(a)||=||a||_{\infty}$ .
$\pi_{p,(\alpha)p,()}^{\varphi}(a)\circ\pi(\varphi\prime b\alpha)=\pi_{P}\varphi_{l}’(\alpha)(b)\circ\pi_{p,\alpha)}^{\varphi}((a),$ $a,$ $b\in \mathcal{M}$
$\pi_{\mathrm{p},(\alpha)}^{\varphi}$ left action, $\pi_{p,(\alpha)}^{\varphi J}$ right action















3.1. (1) $L_{\mathrm{i}}=p_{1}L_{(}^{p}(\alpha))N,$$\chi$ $L_{(\alpha)}^{p}(\mathcal{M}, \varphi)$ –
(2) $L_{2}=p_{2}L^{p}(\alpha)(N, \chi)$ $L_{(\alpha)}^{p}(\mathcal{M}, \psi)$ –
$p_{1}$
$2\cross 2$ $(1, 1)$
$\chi$
$N$ $(1, 1)$ $\varphi$
$\mathcal{M}$ $\mathcal{M}_{*}$ – $p_{2}$
$L_{(\alpha)}^{p}(N, \chi)$ $u_{1},$ $u_{2}$
$u_{1}=\pi_{\mathrm{P},\mathrm{f}\alpha}^{\chi})0\pi_{p,(}^{\chi\prime}\alpha)$ ,
$u_{2}=\pi_{\mathrm{P}_{1}()}^{\chi}\alpha 0\pi_{p,(\alpha\rangle}^{\chi/}$
$\mathrm{o}u_{2}u_{1}=p_{1},$ $u_{1}u_{2}=_{P2}$ $u_{1},$ $u_{2}$ 2.7 contraction
$u_{1}$
$L_{1}$ $L_{2}$ isometric
32. 3.1 – $u_{1}\ovalbox{\tt\small REJECT}\mathrm{h}L_{(\alpha)}^{\mathrm{p}}(\mathcal{M}, \varphi)$ $L_{(\alpha)}^{p}(\mathcal{M}, \psi)$
$U_{p,(^{\varphi})}^{\psi}’\alpha$ $u_{2}$
$U_{p,()}^{\varphi,\psi}\alpha$






$L_{(\alpha)}^{p}(\mathcal{M}, \varphi)arrow L_{(\alpha)}^{p}(\mathcal{M}, \psi)$
$U_{p1(\beta,\alpha)}^{\varphi}\mathrm{I}$ $\downarrow U_{p,(\beta,\alpha)}^{\psi}$
$L_{(\beta)}^{p}(\mathcal{M}, \varphi)$ $\sim L_{(\rho)}^{p}(\mathcal{M}, \psi)$
$U_{p,(\beta)}^{\psi,\varphi}$
’
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